OMOZINONAIA

OMOZIIONAIA EKITATAEYTIKQN ®PONTIZETQN EAAAAOZX (O.E.®.E.) —EITANAAHIITIKA OEMATA

P E ENANAAHITIKA ©EMATA 2015 E_3BMI2000)
w z B ®AXH
NOLZILNOGM® m

TAZH: B’ FENIKOY AYKEIOY Q

MAGOHMA: MAOGHMATIKA / HPOZANATOAY

Hpuepopnvia: Kvprakn 26 Anpiraiov
Abpkera E¢étaong: 3 O’)ij\

AITANTHXEIX &©

OEMA A

Al.

A2.
A3.

Ocwpia oyoikob Piiiov, cerida 33. @
Ocmpia oyolkod Bifriov, celida 41, K@Z)u a-f=0.
a) (A), B) (D). 7) (A), 3) (2), &) (). %

o8

O®EMA B @ &

B1.

B2.

O ovvreleotng 8181’)91)\/(5“?@80 € elvan A, = —% Aedopévov ot €/ /¢

govpe: A, =A, = 3 é’{‘;@m@ elowon evbeiag C n omoia diépyetan amod

0) s

Ex ocvvtereoty OebOvvong A= —%, elvar:

@A £)=d(M 8)<:>|?>x+4y+12{_|3x+ 4y- 1P

Q<®<:> 3x+ 4y+13=| 3x+ 4y- 1P

N N

3X+4y+12= 3x+ 4y- 12 0% Oy— 24¢dvvartn
< l < l
3X+4y+12=—-3x— 4w 12 3 4y 0.
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H e&icwon 3x+ 4y= 0 erainBedeton pdévo amd ta onueio Tov 81@800 Yo T
omoia oyvet: d(M,)=d(M,e). Apo 1 3x+4y=0 eiva @icmc’n g
necomapdAinAng evbeiog 0. %7

B - Tpémog Ioyveu m//ellC, dpo A, = —% @

Ondte n e€lowon g pecomapdAining Exel u@ﬂ y= —%X +x, KeR,

omoia. ypaoetan wodvvapa |[3X+4y=4k|. A A, M ta onpeia 6mov ot

evbeieg €, £ xou 1 avtictoya, TEUVOLY TOV d@va X', 101 T0 M €lvan pEco tov

KA. @
3x+4y=12 { X= g(

El')pecmrovK:{ = —Onote K(4,0).
y=0 (4.0

y=0 @
, 3x+4y=-12 ——%
Evpeon tov A:{ y=0 ﬁ_ % ote A(-4,0).

3Xx+4y= ﬁﬁg
Evpeon tov M:{ y 3 . Onote M(ﬁ,Oj.
y= -0 3
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3x+%v
emopévog B(0,3). Znpeio topng g §:3x+ 4y=—12 pe tov afovo x'x

i d EITANAAHIITIKA @EMATA 2015 E_3BMA20(0)
) B” ®ATH %%
NOLZI1LNOGGdGO® m
, , , { X = OQ {x =0
B3. Znpueio topng g £:3x+4y=12 pe tov dova Yy'y: y=

g 1o 140 v oo

Moong tov B, epotporog). Yno?»oyi@ov LLE TIG Guvr%ﬁ&gsvsg TOV SIOVOGUATOV

AB ka1 AT . Eivax AB :( Kou ATl = &@Apa t0 gpfaddv Tov

TPLYDVOL €ival: (ABF :—‘det AB,AF)‘@R 9 ——;|—9+ 4Ef: 18 u
6 =
2
OEMAT
. Iopaolpea-p=0s x,@@ﬂ O<:> X+ 8y= 0= X= 8\
H tekevtaia e€iocwon swou BoAnc ne aEova cvupetpiog tov Y'Yy,

kopven v apyfi O( $ rpo = 4. Emopévag E(O,gj 1 E(0,2)

Ko O y——g<:> y %

I2.

2
i) Hapom]po 0Tl T0 omnpeio N( XSJ’ X, # 0, avikel omv mapafoir.

H s&tc N,, G EQANTONEVNG € 6T TapaBoAn eivat: X -X, = 4-(y+Y,), omov

cmusw EMAPG.
1) e ,omdte 1oyveL: X, =4(y, —1) & x,= 4y, - 4, (1)

@ Y= ﬁ , apan (1) yiverou:

N

2
%xl 4. ——4@ xl——1—4<:> 2x = X - 8=

@ xZ 2X1—8 0, n omoia &xer Aoelg X, =4, X, =-2. [a X, =4 eivan

Yy, =2, vy X, =2 glvon y, =—

¥10(4,2) 1 e&icwon epomropévng eivan &, : 4x=4(y+ 2) < | x— y- 2= Q.
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E Mi20(a)
IS

210 (—2,%) n e€lowon epamtopévig eivon

€, —2X= 4(y+%j <[ X+ 2y+ 1= (

Q
S

ii) Bpiokovpe ta Stovbopara O = (1D / fe,, 82 = (—&i le, . Eivau:

CLVO =

81-82 1( 2)+1 1 \/70
8.5 V2:/5 1 O

I'3.  To onueio B(X,,Y,) oviket ot napaBo?@%cxf)su X; =8Y,, (2.

‘yo +2‘

Eniong d(B,8) =10 1 =10 y, =81 Y, =

N
Na y, =-121 (2) yiveron X; = — DV oy, = ) yivetan
X:=64< X,=81M X, =-8. A X0 AOY® NG Dnoescmg ot X, <0.
Apa B(-8,8)."Ecto K 10 str 01) usvov xokhov. Eneidn BE
drapetpog, tote T0 K péco @Enwg

y, = XotXe —8+0%
.- wg%%
v

KOKAOV TOTE: P

4, 5) . Av p 1 axtiva Tov {ntovpevov

8+4)° +(8-9" =V16r 9=+ 25 |

Emopévoc on tov koKhov eivon: C, 1(X+ 4) +(y- 5) = 2t

eR.
QCQ; glwon: To epomua Oo pmopovoe va  Avbei
A?+B*-4T'>0,ue A=0,B=-2,I'=-1.

He TNV  GLVONKN:
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e E %@MM@(&)
A

A2. i)

Mo d=0,m (1) ypboeton x> +y*—2-0-y—1= 0= X+ yz=@;wc7» =1,
n (1) ypéoeton x> +y*-2-1.y—1= 0= X+ Y= I+ 2y. gwl’)us T0

N { X*+y?=1
chompuai § , , OTOTE!
X“+y =1+2y
x*+y?’=1 [x*+y*’=1 [x’=1 [x=1.
& 2SS S n :
Oa amodeiovpe 6TL OAO1 01 KUKAOL TOL TPt n (1), iépyovtan amod ta

onueia A(1,0) kou B(-1,0). Ipdypatt, av 6é6ovpe x =1, y =0 x=-1,y=0
N (1) emaAnOeveton yio kabe L e R. v

‘Eoto M(X,Yy) toyaio onueio g Cnr@g EQUITOUEVNG €, TOTE:

SEERe Ry

G/
Qe
AT

(\

NS
O /

/
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A4.

9

To M eivan ko1vd onpeio Tov KOKAOL Kot TNG EAAEWYTG. %
To M eivan onueio g €rhewyng, dpa, odpeova @v TOV  OpPIGHO
oyvet (MA) +(MB) =20, =22

.

To M eivar onueio Tov KOKAOVL, (ﬁ@aﬂtémuaﬁ Tov ad 10 kevipo K Ba
160VTOL PE TNV OKTIVA p TO % opévag (MK) =p=+A%+1.

S

‘Eyovpe: %7

(MA) +(MB) =2( 2P =2+l e V2=V +1o 2=+ 1o
M =lea=1h A=

e

5
&
S

O
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