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®EMA B %

Oewpia oel. 334, oyoiucov BifAiov.
Oewpia oel. 247, oyoiucov BiffAiov.
Oewpia oel. 222, oyoiuov BiffAiov.
a—>A P2 vy )->A o>

H doopévn oyéon ypdoetot:
z-2f+z-2|=2 & |z-2f+|z+2/~2=0.
Avlz—2|=y eivar ' +y-2=0 < y=1 7
Opwg y=|z-2[ 20 qpa |z-2|=1.
Onodte 0 yemUETPIKD TOV_EIKOVOV T

axtiva p = 1.
23 Gpa |z|<3.
@ €1 KOl YEOUETPIKAL.
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KOK oG pe kévpo K(2, 0) ko
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<:>’%+2,8+4+7/—T:1<:>2,8+;/:—3 (2).

And 11¢ oxéoelg (1) ko (2) mpoxvmtet f = —4 Ko y =5.

Eoto |v|>4  Eyovue v +a v +av+a, =0V =—a v —av-a,.
2 1 0 2 1 0

Apa V[ =|rav? —av —a,|=loy? +av +
po V| =|~aV —av-a,| =,V +av+a,|.



AOy® ™C TPYOVIKNG avicOTNnTOoG Eivort |V|3 = ‘azvz +a,v +a0‘ < ‘azvz‘ +|a1v| +|a0| =
=len | v? |+ e -]+ x|

Ano B eivan |a0|é3, |a1|é3, |a2|é3, apa

o + v+ <3P 4343 =3 (] + 1)
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M1 (etvor |[v| 1> O-opo
V-
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H tehevtaia yphoeton |V| <3

Sl (v]-1) <3 (v 1) = ' <apf -3,
Onmg 4-|V|3 -3< 4-|V|3 apa |V|4
Apa |V| <4.

(20¢ TpomOCQ)

AOY® ™C TPLY®VIKNG avVIcOTNTAG ETV A

=leaf A+l |+ e

Amnd 10 By eivan |a0 <3 a1|£3, |a2|é3,d

v
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S -4+ -4 +p]-4+1<0e

<:>|V|2 (|V|—4)+|V|(|V|—4)+(|V|—4)+1S 0

<:>(|v|—4)(|v|2+|v|+l)+lsO<:>



<:>(|v|—4)(|v|2+|v|+1)s—1<0.

Opwc v+ [ +1>0, Gpa [v] — 4 <0 < v < 4.

OEMAT

I't. T x € R n doouévn oyéon ypaoetat:

() +)(f)+x) = (ﬂ - { w

1
2

Tva x=0: =cC.

o (f@+x) ¥

Etor ———F—=—+—-& x) 4
2 2 2 (f( )

Ottovpe g(x)=f(x)+x, x

R dpa dtotmpel otabepd mpod

x € R, oniaon f(x) + x> 0 yia kaOe

Apo f(x)+x=Vx"+1 & f(x)=Vx> +1-

I2.

o + & - b +

0@ | " | > | "

ITpoxvntel tomkd péyioto ¢ (-1) = —1 xou tomkd erdyoto ¢ (0) = 2. Emiong
TPOKVTTEL OTL TO GUVOAO TIL®V TG @ Yo X €[0, +o0) givar to [-2, +0), evd Y x < 0
etvan p(x) <O0.



I'3.

‘Etol wpokvmtel 01 vadpyet pia Tovidyiotov piCa yio v ¢ oto (0, +oo) Kot emedn n
@ elvar yvnoing avéovoa oe avtd, mpokvmrel 6T N pila eivor povad.

(B> Tpomoq)
H ouvépmon f eivor mopayoyioyn oto R pe

£ = 2x _1:x—\/ﬁ:—f(x).

2Jx¥* +1 Je+r sl
Eniong eivan f(x):\/m—x>\/?—x:|x|— %
f(x) > 0 y10 xé0e x € R.

‘Etot opmg f'(x) <0, yia xébe x € R, dpa f@a YVNGIhG avéov R ko
pa 1—1.
H eticoon todpa f(g(x))=1 ypageton f(g b 0) < g(

2
P INEL N
2
X .

Iapatnpovpe, bt 0 € g 00)), apo vapyet x, € (0,+0) dote g(x,) =0, mov

1Kot LovadKnapev g ivar yvnoimng avéovoa.
: [ _rlxZ z
Ottovpe K(x)= L”Mf(t)dt f(x 4} EQX, X € {O, 2 } .
H K eivon cvveymg oto {O%} evd emedn f() =~ +1-1>0 yokdOe e R

6o zivar | (Ot >0, Snpadiy K(0) > 0.



Eniong eivan K(%} = —f(O)-scp% =—-1<0.
‘Etot 6pmg amd 1o Bedpnuo Bolzano wpokvntet 6Tt vadpyel TovAdyIGTOV EVa

X, € (O, %} 1ét010 Mote K(xo) =0 Jioi AOCS f(xo

OGEMA A
lim f(1+5h)—f(1)h—f(1—h)+f(1) SIE 5/2 (1)_f(1—h)—f(1)}:
=5 M+ f D=6f"(). O
ot

o SOESD=FM) L FA+S- ()
h—>0 h h—>0 S5h

h—>0 h h—>0 -

Apa apov

yn%f(”Sh)h_f(l_h)=o©6f'(1)=o©f'(1)=o. i %

vl
lNo x>1=f f’(x)>0 .

Apan f givar\| “oto (0,1] ko 0
A2. { 0

vapTnon @(x) = J.:H g)du, x € (1,+x) .

Etvon ¢'(x) = g(x+1) — g(x).
Opog x <x+ 1 ka1 enedn g yvnoing avéovoa Ba eivar g(x) <g(x + 1),

WPOVLLE TOPA TNV.O

dpa ¢'(x) > 0, apa ¢ yvnoing avéovoa oto (1,+w).
Etvot 8x” +5>1 ko 2x* +5>1, ondte N Soopévn avicoon ypdeetar:

T
p(8x* +5) > p2x* +5) o 8x* +5>2x' +5 &
ox'<4t o -4)<0ox e (-2,0)u(0,2).



(f)-D'x-D-(fx)-DEx-1D" _ f'x)x-D-(f(x)-1
(x=1)° (x=1)° '
INa mv foto [1, x] woydert o @.M.T. dpa vadpyet Evo TovAdy IoTOV

fe(Ly): L0 /()1
x—1 xX—

Eivar g"(x =

=f'(§):>—1=f'(§)C>

Sfix)-1=x-1)f'¢).
v S OE-D-(x-Df'C) _ )1
()= 2 -

(x-1) x—1

Apa g

vl
Eiva & <x= f'(§) < f'(x) = f'(x)- f'($)>
Eniongyoux>1=>x-1>0.
‘Eto1 g"(x) > 0 y1a ke x > 1 dpa g Kupt ¢

H doopévn e&iowon ypapeton

a>1
(a-Dg(x)=(f(a)-D(x-a)e=g( X—a) < g
H e&lowon g epontopévne yio v g \o1d x = o giva
g(a)=0
y-g@)=g(a)(x-a)& v~ gla)(x—a)

Aol g xuptn N YpaPIKn TN Topa
e€aipeon 1o onpeio emapnc.



